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In [3] A. M. Ostrowski proves a criterion for the existence of a left-sided 
inverse of a bounded linear operator in a Banach space. This criterion 
is a generalization of aresult in [I]. In the present note we discuss a generaliza- 
tion of the theorem in [3]. 
Let A be a Banach algebra with identity element e. If D is an open set 
in the complex plane, if v is a locally holomorphic omplex-valued function 
on Q, and if for b E A, a(b) is a subset of .R, then the principal extension of 9 
is defined at b. (See [2], sec. 5.2.) It is given by the formula 
where P is an oriented envelope of u(b) inside Q. 
THEOREM. If b E A, c E A; if Q is an open set in the complex plane, 0 E 9, 
u(b) C 52; if v is locally holomorphic in Q and if 
do) $ o[(e - 4 dbll, (1) 
then b has a left inverse. 
PROOF. The element x = ~(0) e - (e - cb) p(b) = ~(0) e - v(b) + cbv(b) 
is regular. The function 4 defined by ~(0) - q,(h) = h+(X) is locally holo- 
morphic on Q. Now ~(0) e - q(b) = b+(b) ([2] Theorem 5.2.5). Trivially, 
b commutes with the value of any principal extension at b. SO 
z = (#(b) + q(b)) b, and if u = z-1($(6) + q(b)), then ub = e. 
REMARKS. (i) If cb = e f: bc and q(X) = 1 (on the whole complex 
plane) then (1) is satisfied; so (1) does not imply that b has a right inverse. 
If, instead of (I), we have 
~(0) # 4db) (e - WI, (2) 
then b has a right inverse. 
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(ii) If c in (1) commutes with b, then c commutes with (he - b)-l and 
hence with v(6); so (1) implies (2) and b is regular. 
(iii) Let A b e t he algebra of bounded linear operators of the Banach 
space X into X; let c be regular; let D be the complex plane and p a poly- 
nomial with ~(0) = 1. In [3] it is proved that a sufficient condition for the 
existence of a left-sided inverse of b is that 11 c-l(c - b) v(b) 1) < 1. As this 
inequality implies that 1 = ~(0) $ u[(e - c-lb) #J)], the theorem in this 
note covers this case. Theorem 3 in [I] is equivalent to the special case where 
p(A) = 1 - ;1. 
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